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22 Chapter 2 Sentential Logic: Proofs

Assumption set: The union of the assumption sets at lines m and n.
Comment: The order of m and n in the proof is irrelevant.

Also known as: Modus Ponendo Ponens (MPP), Modus Ponens (MP), Detach-
ment, Affirming the Antecedent.

Example.
1 (1) P ! Q A
2 (2) P A
1,2 (3) Q 1,2!E

arrow-intro Given a sentence (at line n), conclude a conditional having it as
the consequent and whose antecedent appears in the proof as an
assumption (at line m).

Annotation: n !I(m)
Assumption set: Everything in the assumption set at line n excepting m, the line

number where the antecedent was assumed
Comment: The antecedent must be present in the proof as an assumption.

We speak of DISCHARGING this assumption when applying
this rule. Placing the number m in parentheses indicates it is the
discharged assumption. The lines m and n may be the same.

Also known as: Conditional Proof (CP).

Examples.
(a)
1 (1) ⇠P _ Q A
2 (2) P A
1,2 (3) Q 1,2 _E
1 (4) P ! Q 3 !I(2)
(b)
1 (1) R A
2 (2) P A
1 (3) P ! R 1 !I(2)


